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More generally, let

A(p, x) :=
∑

pixi, H(p, x) :=
(∑

pi/xi

)−1

,

denote the generalized arithmetic and harmonic means, respectively.
If 0 < m ≤ xi ≤M <∞, then

0 ≤ A(p, x)−H(p, x) ≤
(√

M −
√

m
)2

.

Proof. The proof follows easily from Theorem 2.1 of [1], applied to the functionf(x) = 1/x and then changing
variablesxi → 1/xi. �
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